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4.2 Cont inuous St irred Tank Bioreactors

4.2.1 The Chemostat: the ldeal CSTR
The use of a continuous stirred tank reactor to extend the duration of culture of microbes

was deveioped in the 1950s by Novick and Szilardr and Monod2.'Ihe realization that a
CSTR could be used to maintain microbial growth at a steady stare value, which could be
varied from any growth rate up to the maximum Fm,r,r, wlS an important advance, as it broke
the traditional thinking at the time that stable microbial growth was only possible at rhe
maximum rate, colresponding to the minimum doubling time found in batch cultures.
Subsequently, the use of a well-mixed continuous microbial reacror to study microbial
physioiogy ied to important advances in understanding the cell cycle, metabolic resulation
and microbial product formation.

The configuration of a typical weil-mixed continuous reactor is shown in Figure 4.2.
Agitation may be provided by an impeller or by the motion imparted to the liquid phase by
rising gas bubbles' In aerobic systems, supply of oxygen to the organism generally occurs
via air spar,sing. In the ideal case, the l iquid phase is complerely mixed, i.e., the l iquid phase
composition is uniform throughout the vessel. Similarly, temperature is maintained constant
and uniform by circulation of cooling water through coils in the vessel or in a jacket sur-
rounding the vessel. Typically the pH of the culture medium is controlled by the addition
of acid or base.

We may write material balance equations for each of the impofiant variables in the
CSTR. We shail first consider the case where only one substate (S) Iimits the growth rare
of the organism, and that the volumetric rate of growth is given by pX. The balance equations
are:

(1) Novick, A. and L. Szi lard, Science,tL2,TtS (1950).
(2) Monod, J.  Ann" Inst.  Past. ,79,390 (1950).
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Figure 4,2. A schematic of a continuous stirred tank bioreactor. Typicatl.v* the pH and
temperature are controlled, as are the flow rates of nutrients into the vessel. The notation
used to model CSfR systems is indicated; X is the dry cell weight, S ts the substrate con-
centration and F is the flow rate of nutrients into the vessel.

T= 
F,nXo-F,u,X +1tXV

#= F,nso-r",,s -{ptxv

$.19a)

(4.reb)

(.19c)

(4.20a)

(4.20b)

- Fou,

When the volumetric feed rates, F1n, Fou,, into and from the vessel are maintained constant
and equal (F); the equations simplify to (note that dUdt no lon_eer equals prX, as it does
during batch growth)

d X F
A 

-V(x,-X) + Ux

d S F  1
A=V$"-S) 

- 
r* [X

The ratio F/V is generally referred to as the dila tion rate denoted as D, with units of reciprocal
time. It is the inverse of the average residence time t. It equals the number of reactor volumes
that pass through the reactor per unit time. At steady state, the time derivatives are set to
zero and the equation for cell concentration has the. solution
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D X,,= (D - p)X (4.2r)

(4.23)

(4.24)

(4 )5\

(4.26)

(4.27)

When the feed stream is sterile (generally the case), Xn is zero and two solutions to the above
eouation are oossible:

{ ' , = 0  o r  V = D (4.22)

In the unusuai case that the specific growth rdte of the culture (p(S)) is independenr of
substrate concentration and is constant, the steady-state concentration of cells that results
when the dilution rate is set equal to pr is indeterminate. Solution of the second mass balance
shows that the steady state substrate concentration is also indeterminate, although both X,.
and S". must satisfy

Thus a range of vaiues of cell and substrate concentrations is possible. Experimentally, this
can be occasionaily seen at very low inlet substrate concentrations. Time-varying cell mass
and substrate concentrations are observed.

Generally however, the specific growth rate is a tunction of substrate concentration.
When the Monod relationship between ;.r and S is employed, the mass balance equations
are no longer indeterminate and we find

I

{, = { -i-x,,
t  x ts

D = tt= h*s
'  K r + S

which can be soived for S:

S. .  =  
D& ,  

n rnv idcd
[ r ,n*-t  Provloeo X"*o

and from the substrate baiance equation we see

D(S, -S-,) -*U"", = O
t xts

and noting D = p, we obtain
( orc" \X,, = fr,r[S, -p*-#j

tl*",s-
D'* = 

",.q,

The second steady state soiution occurs when X., = 0. The conesponding value of the
substrate concentration is S*, = Sn. This steady state is referred to as washout, as cells are
no longer present in the reactor. The dilution rate at which washout occurs can be found by
examining equation (4.24). When S". equals the feed concentration Sn, the corresponding
dilution rate is

(4.28)
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The maximum dilution rate is thus slightly smaller than the maximum specific growth rate.
If the dilution rate is greater than this value, the system moves to the second steady state
solution X.*, = 0. This can be seen from the behavior of S..,.,; as D -+ p,,., S* becomes
indeterminate.

Summary of Steady State Solutions
D ( F,n* D ) F..'

C =

q
" $

D K s
provided

l r * -D

is indeterminant if

A F^ ", . . '
r o > F

DK.,
S,' <:*--., 

It.lm_ u

. S  = . (

Y  - n

As we saw in Chapter 3, values of K, are usually small, particularly when compared
to the inlet substrate concentration Sn. Thus the steady state substrate concentration is quite
smail, and, remarkabiy, is independent of the inlet substrate concentration. The non-trivial
solutions can only apply in the case where the inlet substrate concentration is greater than
S,,. If Sn ( S,,, then the specific growth rate p is constant, the equations are indeterminate,
and a variety of steady states could be observed.

The cell concentration is approximately YorS" for dilution rates up to values
approachin-9 F**. The behavior of the steady state solutions X,, and S,, as a function of the
dilution rate is shown in Figure 4.3. The operation of a CSTR under conditions where only
one substrate is growth-limiting gives rise to an almost constant value of the substrate
concentration over a wide range of dilution rates. Other substrates which are consumed at
rates proportional to the specific growth rate of the cells will also have steady state con-
centrations that are independent of D and are constant. For this reason, this type of bioreactor
operation is referred to as chemostat operution (i.e., the chemical environment is stanc).

As the dilution rate approaches F,*, the cell concentration decreases very--rapidly.

Operating the chemostat at dilution rates close to Fn,* is experimentally difficult due to this
sensitivity. Small variations in inletsubstrate concentration, feedflow rateorsmall variations
in the growth rate of the organism may result in washout of the cells.

The volumetric productivity of cells in the chemostat is given by DX," (typically
expressed as gm cells per liter reactorvolume per hr). The dilution rate at which the maximum
productivity occurs can be found from:

Xr, = )'*rr(S,
D K s  

)- 
tt*-D )
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Figure 4.3" The dependence of the steady state cell and substrate concentrations on the
dilution rate D. The values of the constants in the Monod model are lr,na, = L0 hr't, K, =
0.5 gm/l, Yxn = 0.5 gm cells/gm substrate with So = l0 gm/l. AIso shown is the cell pro-
ductivi4', DX,,, in gn/( liter-hr ).

dDX,, - 0 thus (4.2e)
dD

The corresponding cell concentration is

X.,",,* = Yru({ + & -..@(s, - Kr)

If Ks << So, then the volumetric productivity becomes lx,rlt,o"rSo.

(4.30)

284

productivity

su['rstrate

_  (  t &D,-=P,* l  t - \ /  -
\  I  Ks+S,\ ,





























' h {&r^4t *^!^/r/6 {
a

U

F.fn ts+ trs

ilxfo( w/,;drf*

/c*d{"'-iUt*} I

- JoY& '/
*t'Sn

Xi*:o

.  t  t  ^ L /  t  I{t"q+.fu, Par) '
t ,

th. tt r.i.- | A' { *#; , :v:  c lh
r

Xl* = r,(En
%"0, "

d4*.- 
= ql tit

V, = 46'fr#"
Yx, = 0r;8fi'
Sn = {x aosgdr.'

0

H3^:.$tf.} 
n\











*"1 -

" (+^-batch rPa.+r'J

g*bs fna'f se y,ilra' k@v+*,,^r(e4^o-
s b s t't * se tnFa&z a(*al"e pe rr ocla'cLy

F
so

---

Fecl{*l t pfiw'n^
T F . trq*rbIIa p/.uil^a

I

U;AF*'*,h,-t*'
1a:a'stetw')c i r  l .  t f t k , ' e akov,rr' ,r, 

'

- rb'hccla : Vovcevl tvace S y n/tlrq' $ ee-Letv,a

p "rf b d'!vw -] fie* bc'ew' ; uh lbr,t^ /cf^ i &,, l, u,

-

d y
& = F  

- >  U = V o + F t

E t ! w , r  q i  V h ' o w o t g  ( ^ u
--*:-J \  

v v"(qlr\ornvrw3 V,Yt

W - W = f v x
V M + KH; , TvX
y r  +  * ( D * { ^ Y +

t +
lc{X / '  I

\il=frJl"l



* 2 -

En-I.,r.vvr p !-*L,r,t 
' ,,i.F ihk\'v0 h i, r'raa !Q , alo

I
'  I  |  ] ,  I  . - - - "  ,  a

ta l,r( n* rin olt s'nu*,0 ' u

ry s 0 --->w ,
frva N"ffoc,t'c vrc'n t/vt

I

n 
"(ao^cr g ub sfna'f^ (*g = Lru'te*rnus'4e ubEtwlr)

I
d,fn/r r ' ,>

.---*P'-

6tt

r l  r  C '
V  v C I 9 1 € r  )

et IV s)
rF

dt

l,Qn sa'

T Fg"

t v s

/ ^ V  K-T ,
xbwt f ,  * t f u  *O

*

bvavS {c c ,
g-fau 

lM ruS

c V  Q V:o Ty/s

Vt-r'fu,nu [s:1lgwtr.cj-

r ; -  7- ; ;vx II  oc\:  i  l -  so lxrs v / \  
I( . l  I  -  " '

v = f S"YotA X r
D

T$r'trroslqf. hlr r'e uns ch ;

*{*y
a**-F =

ott

D
:. 

'#

r
\L/T*./

: (  L

n^VX
I
I

= F(oYyr- + FEfrrt

/u^,W' i^^* = t/X"$Yo{'.rnru)



!u Q*|::*ffi (polruc v)\;l*')
r e r . J  )

rd  f *n  d(u l )"*-*-=-T

c+ dt
(\^ = l- ol t"l 

f K TY

pfo.lp "--"

sflrc,$'cl,a

1n 
= l+*r I

+

Y r,, - 0r tt b.^v,)l'/X Yt"Ldz'5
l t r r&\a.
a) podb\\ t-i-n^'

b) lzo* c0\^" I nqc^

c ) lcou qe/tuU-a c^

{us- ro }- ot

ob trbw 
\lu

' 
BU"Ld)t Aa 2o,Abq-br a bwu'%kh'

" Vh'o t^oa % a. ilnf 
' A*,o4 u-o( +

[co.c,r" .E |rp; 
v

: 1rY 
( : lrSoYro, y, rn* )
t r r . i ; i D

fgc\u611 tverbU l

(t "Vund drr"/ *r\q bct .L,'l )
t /

ry
L

?i. rl l.l* & . )olo vs qtl Lrv y' W tms^{o n PYcq'o
v .{\^A^ Z'l* , ff'Looln'il 

'Xo 
P/ 'P^ voztelq't

q,upd.* o [-owce' +racn" Su - 1p08ry Pt wptrutal

t oolc{srn otn ra\urtrr 4goo ! grnaysi ?- va'wQ+'f

trnn'\eyoorrdawk,nrurt {a*^ 
t [*l a gt/', 

f ,,*' 
Lts?A-r4



a d a )  [ .

-a-
V o f  F t  - + U - - t /  f t  E

= (0Ao -?-oct.2 = 600(

k * D^ A b )  S  =
fr"-* 

- \

\A.. uq&\)ru.1 t-c" tr' D-tA =# "0t 31-1

&  S  = * - =  6 g / /)  o f t r - oJ  v

rrro^ Jca,^^c^^ (..r.d lrl- y D = 
ilr- m 

=qz)n^4

( - )  4  'OtL
C L  ) =

t9,3 r*Of-

a.o^ c ) W,, = 4go , o, T = fi2 fr/C el+,,$

= fo Yr,, U,+ r{,\

, AX*so[r,[/, 
:Wo=7^oo'fr

A

Ytw

zo Do\.I-

= S o

:  V V

f ' o

lcouog ' f =4*rJZh ' ,nl,ry - 40,t' 0,f'400o o f' aolg=

Y = Vp-** r:(000 / w















dXsw
0{Rw
d?x
w

* ?',fi +$,,{a

E ̂ },i ',u"{oxs

F k ?f f  +f i {nhn H

| (
; - i , . .  *

5

ds
W F Wf,-s) 

't /3.qs*-E;ffi- &

,&
t r / f  \
t -WnlW)_l

#-- )4a &y:!{= y,' "r{o +ffi

#. tu& StrflrryfNt h-{*dA,.* dawdn* {



Dv5ra vrnab L n' olav a'^'

datwc (D''c{r6u s*k*,\

[,rr(i ])
r l  /

t/nod nnq,
*W!+ (Frar,,rhy

_(_

D
Un\zat a \

zo\rz"t'*n)

ilp4rr' ut'*tJ.n 
"olr 

ero lroyu'tu6n'

(tubs"fva'{ rna vcJ,prS"

\
\ r

\ ue* s\v ,
r.*,&^urn^ytae

g4,lrvar/, a(

P,€n ,'octob Lp
og u',(Ac €-

S:L\'p,fu6


	1. Enzymy, kinetika, enzymové reaktory
	2. Transportní jevy v systémech s imobilizovanými enzymy
	3. Růst mikrobiálních buněk, stechiometrie růstu
	4. Růst ve vsádkových systémech
	5. Růst v kontinuálních systémech, chemostat
	6 . Modifikace základních typů bioreaktorů 
	7. Smíšené kultury



